PHUONG PHAP CASIO — VINACAL
BAI 23. GIAI NHANH BAI TOAN TICH PHAN CHONG LAI CASIO

B
jf(x)dx = f(a,b,c) ’
1. Ky thuat ép hé phwong trinh: Cho hé thirc « , mudn tim @b:¢
B
. ~ a L h(abc)zm ~ 4y cr iy, " J.f(x)dxz X R
thda man hé thirc T . Ta sé tinh gia tri tich phan « roi lwu vao

4

f(a,b,c):A

Vay ta sé ép dwoc hé phwong trinh {h(a’b’c):m . D& giai hé phuong trinh nay ta

sé€ str dung chirc nang do nghiém SHIFT SOLVE hoac chirc nang lap bang gia tri
MODE 7 cua may tinh Casio
(Xem vi du minh hoa 1, 2, 3, 4, 5, 6)

2. Ky thuat ép can nguyén ham: Cho nguyén ham géc ] ()% va nguyen ham he

qua -[f(u(t))dt qua phép dbi bién x=u(r) . D& sr dung dwoc may tinh Casio ta ép
B

, L J £ (x)ax
hé s6 cho nguyén ham goc dé tré thanh tich phan xac dinh « . Vi nguyén
B B!
] If(x)dxzjf(u(t))dx o
ham goc va nguyén ham hé qua la twong dwong nén « a' (¢ B
la 2 can moi)
(Xem vi du minh hoa 7,8,9)
¢ dx
———=aln2+bIn3+cIn5
VD1. Biét 3% T voi %:¢ 13 cac sé nguyén. Tinh
S=a+b+c
A S=6 B. §=2 Cc.5=-2 D. §=0
(Cau 26 P& minh hoa B GD-PT Ian 2 ndm 2017)
Lo gidi:
t dx

2
7 Tinhtich phan 3% % va Iwu vao bién 4
y alRQ)d+ Q) R3E4= qg Jz
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] Math & Il;ll Il;ll K] Math &
4 1 M=+
J S Re +:=--*.':1H

0. 06453852114 0. 064535352114
_ A=aln2+bIn3+chhs5<= A= 111(2“,3.1’_5C)C> 24 3k 5¢ _ o4 :E
0 Khidod T
Q K »Q z =
EF' ] Math &
16
1
16 2222

. == =2'3715"=23"5 2 a=4b=-1j;c=-1=>S5=2
Dé thay 15 3.5

= Pap sb chinh xac 1a B
2

I={In(x+1)dx=aln3+bn2+c
VD2. Cho

1 (a,b,ceZ)
A=a+b+c

A0 B. !

. Tinh gia tri cGa biéu thirc

C.2 D. 3

(Téng hop tich phan chéng Casio — Internet 2017)
Lo gidi:

2

1=.[ln(x+1)dx
1 Tinh gia tri tich phan !

roi lwu gia tri nay vao bién 4
y hQ )+ 1) R1TEZ2-=gq9g J z

[F: Math &

| 1ncie1 0 ANS+A

0. 9095425049 0. 9095425049

A
aln3+bln2+c=A4 (32" )=Ine' <3920 =¢' <3920 =<
7 Khidé

eC
P& tinh dwoc 3°2" ta s dung chirc nang MODE 7 v&i ham
A
f(x)=32 =%
e

w 7 aQ K *»Q z RQ K *»~ Q)

Math
"
-3
-

F]
Fihl
Ug9. 816

1
|
|

5. 75
Quan sat man hinh xem gia tri nao cla /(X) (cling 1a caa 32" )1a sé hivu i
thi nhan

Trang 2/15




27

o 3920 =6.75="-=3'2" C3he D
D& thay voi X =c=-1 thi 4 =a=3b=-
Témlai a+b+c=3-2-1=0
= Dap an Ala dap an chinh xac.
2
=[50 = (a+b)In3+cln2
lsmx+cosx bCEQ) X
VD3.Cho ¢ (., . Tinh gia tri ctia biéu
thL’PC : A=a+b+c
1 1
A0 B. 2 C.3 D. 2
(Téng hop tich phan chéng Casio — Internet 2017)
Lo gidi-
S
I=J-s%nx COS)Cdx
° sinx +cos x
O Tinh gia tri tich phan 4

roi lwu gia tri nay vao bién 4

yajQ))pkaQ))RjQ))+kQq))R

a g KR4EEagq KU R2-=q Jz

e e R
0. 3465735903 0. 3465735903
~ Khigs (@+0)In3+cin2=A4 @772 ) =e" Lo duoc ¢ =2
Q K »Q z =
. -
1.414213562

1
— 3% 2¢ =2 =322 :>a+b=0;c:%

1 1
a+b+c=0+—=—

Tom lai 2 2
= Dap an B la dap an chinh xac.

z

4
I=Isin4xdx=ﬂa+b

0

VD4 . Cho (4.6€Q)  Tinh gia tr ciia bidu thirs 4= a-+b
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11 5

A. 32 B. 32 C. 4 D. 7
(Téng hop tich phan chéng Casio — Internet
2017)
Loi gidi:
2
I=[In(x+1)dx
11 Tinh gia tri tich phan ! roi lwu gia tri nay vao bién 4
y jQ)) 4 R0Eaq KU R4=q Jz
— ] Math & II:l II:l K] Math &
4 . s+
JD SinCa)% oy
0. 04452431127 0. 04452431127
ma+b=A4
) ) a+b=£
1 Khidé ma+b=4 Néudapsb 4 dung thi hé 32 ¢6 nghiém hiru £
(thuoc €)
==$S$SRp5P32=-=
& Math¥ [} Math &
A= =
3 i
32 dq
RN
Rérang 32 4 lacacsbhiuti

= B la dap an chinh xac

2

5
I=J-x(1+si112x)dx=7[ +a_) a
VD5.Cho  © b (@:6:¢€Z) |6 b 1a phan sb t6i gian. Tinh
biéu thee A=a+b
A, 20 B. 40 C. 60 D. 10
(Tng hop tich phan chéng Casio —
Internet 2017)
Lovi giai:
%
I= Ix(1+sin2x)dx
71 Tinh gia tri tich phan 0

roi lwu gia tri nay vao bién 4
y Q )(1+j 2Q ) )) R0OEag K R4 =g
J z
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[P Math & F| Math &

| Fnctesineye  ANEH
0. 5554251375 0. 5hE42651375
0 Khido b 224.NéudépséAdUm;mia+b=20:>b=20—a
:A=72[0iz

St dung chirc nang SHIFT SOLVE dé tim @ (v&i @ 1a sb nguyén )
Q zQr ag Kd+Q )R20pQ)q r =
1 0 =

[P Math

2t
A= [, 5334685564
L-F= I

Két qua khéng ra mot sé nguyén = Dap sb A sai
n’+a
/ , - =
71 Néu dap s6 Bdung thi a+b=40=5b=40-a 40—-a
$ $$S$SRS4qgr =20 =

o P [} Math
A=45=x
A= 0
L-F= I
Vay a=8=b=32
= Dap an Ala dap an chinh xac
I:2x3ln2xdx:ae4+b ab
VD6.Cho i ¢ (abceZ) o ¢ 1acac phan sé téi gian. Tinh
biéu thire A=a+b
A. 15 B. 28 C. 36 D. 46
(Téng hop tich phan chéng Casio — Internet
2017)
Lo gidi:
2
[=|x’1In® xdx
1 Tinh gia tri tich phan 1 roi lwu gia tri nay vao bién 4
y Q) (1 +j 2Q ))) ROEag K R4 =
q J z
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Math & F| Math &

|Zxsinenzae RS

1. 004267695 1. 004267695
ae’ +b _ 4
7 Khids ¢ . Néu dap s6 A dung thi ¢=15—-a—b
=154—-a.A-b.A=ae' +b
154-a.A-a.e’
=b=
A+1

S dung chirc ndng MODE 7 dé tim ¢ (v&i ¢ 1a s nguyén )
w7a1l15QzpQzQ)pQK™*»48$Q )R
Q z +1 ==p9 =10-=1-=

-8
=1

F] Math
F ikl
25« 19
ced. U5
2dla"l

|
[
3
-
Két qua khong tim ra mot sd nguyén = DPap sb A sai
364-a.A-ae’
. =>b=
7 Twong tw nhw vay véi dap sé C dang thi A+1
C S $ $ (0] (o) 3 6 = = = = =

F| Math

n

-1 1L

= .
-31101.26
129. 00585741

Ta tim dwoc nghiém @ =129 |3 mot sb hivu ti
= Dap an C la dap an chinh xac

sinx

™" sin 2xdx
. Néu déi bién sd t=sinx thj :

I =

Ot 0 | Y

VD7. Cho tich phan

% 1 1 %
| = j ¢ t.dt | = j ¢ t.dt /=2j ¢ t.dt /zzj ¢ t.dt
A. 0 B. 0 C. 0 D. 0
(Trich @& thi PH khéi B nim 2005)
Loi gidi:
7
I= Ies"” sin 2xdx
0

1 Tinh gia tri tich phan
y Q K *j Q))$j2Qq))RO0OEag KR
2 =
Trang 6/15




— ] Math &
z . . .
JD €= gin 2k
2
"] Néu dap an A dung thi gia tri tich phan & cau A phai giéng gia tri tich phan &

T

2
‘ ‘ I=[étdt
dé bai va cung bang 2. Tinh 0

y Q K Q) $Q ) R0OEag K R2-=

_ [Fi] Math &
=
JD €™ Kol
4. 745802819
Két qua ra mot sé khac 2 = Dap sb A sai
1
, /:2jef.t.dt=2
71 Twong ty nhw vay véi dap so6 C thi 0
2y Q)Q K *»Q ) ROET 1=
F| Math &
1
2| L ety

2
= Dap an C la dap an chinh xac
Chu y : Dbi can thi phai dbi bién = Dé& dang loai dwoc dap an Ava D

P
VD8. S&r dung phwong phap dbi bién dwa tich phan o N2x+1+2 yhanh tich
5
[£(e)ar (0 ’
phan 3 . Khi do la ham nao trong cac ham so sau ?
2 _ 2t> -8t +3)(t+2
f(t) =22 f(t (23
A. t+2 B. t
2* -3 (2t -8t+3)(t+2)
f(t)= _
c. (t) 2(t+2) D. f(t)= o
(Trich @2 thi DH khéi D nam 2011)
Lo gidi-
4
P S

7 Tinh gié tri tich phan o V2x+1+2
y a4Q)p1l1Rs2Q ) +18$+2RO0EA4
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m Math &

Jd S
O JZEF1 +2
b, 22R07 096
f(t _ 2t -3

1 Néu dap an A dung thi t+2 va gia tri tich phan

5 2

1=j2"3m=62%0” ~9.6923...
1+

diéu nay 14 sai vi
y a2Q ) dp3RQ )+ 2RZ3ES?S5-=

5 E o] Math &
9. 662361183

Két qua ra mot sé khac 2 = Dap sb A sai
11 Twong tw nhw vay v&i dap sb B chinh xac

ya(2Q )dps8Q)+5)(Q)p2)RAQ

) R 3 E 5 =
Math &
JEEEHE EH+53(H1}
S
b. EEED?TDHE
VD9. Néu s dung phwong phap dbi bién tim nguyén ham, ta dat t=Vl+Inx th;
J-lnx.\/1+lnxdx
nguyén ham cla X cé dang:
3 3 3 3
A j3t (£ -1)d B. jt (£ -1)ar I3t (£+1)d D. It (£ +1)ar

Lc‘rlglal.
7 D& co thé sir dung may tinh Casio ta phai tién hanh chon can dé dwa nguyén
ham (tich phan bat dinh) tré thanh tich phan (tich phan xac dinh) Ta chon hai
canla | va ¢ Tinh gia tri tich phan

jmfikﬂﬂfm:Aarmsn

I X

ahQ))O0gqg *38$1+hQ))RQ)URT1E
Q K ~ 7 =

Math &

e’ 1nc:=-:1x3m
43, 1?55?143
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x=1=t=1+Inl1=1

7 3 7 .
1 Khi tién hanh dbi bién thi ta phai déi can : Le =1=N1+In3"=2 Na, qap
an A dung thi gia tri tich phan & cau A phai gidng gia tri tich phan & dé bai .
2
I =|3t3(t*-1)dt
Tinh '!- ( )
y Q K Q) $Q ) RO0OEag K R2-=

_ F] Math &
=
JDEH}idH
3. 1deE02519
Két qua ra mot sé khac 2 = Dap sb A sai
| = Zj'e’.t.dt =2
7 Twong tw nhw vay véi dap sé C thi 0
y 3Q ) ~3$(Q)*3$p1)R1TEZ?2S=n
= Math &
z
|ZanE (xE-1) o
43, 17 c8RT7144

= Dap an Ala dap an chinh xac

Chu y : Ta c6 thé chon céan nao cling dwoc khong nhat thiét phai la 1 va e’
(chi can théa man tap xac dinh cia ham sé la dworc)
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10> —Tx+2

Vidu 3:Néu f(x)=(ax’ +bx+c)f2x—1 la mdtnguyén him cia ham sé g(x) = \.h_i
2x—
o T A
trén khoang | —;+x |
| 2 )}
\ 2
f:.. 3 B.O C.4 D.2
Hwong dan by bikiptheluc.com
Triu bo tw luin

thi a+b+c cogiatrila

S
2 2
[{ﬂ + Bt Sl ]_Sax‘+( 2a+3b)x— .5+c_1[:|x T"x+‘{:} % oo SR
~2x—1 ~2x—1
c=1
Casio: Tw duv minh nghi nhw sau:
I-l[flx —Tx+2 dx = F(6)—F(a)

a

Néu GlD"‘tEI sé chonxsao cho F(a)=0— x=0.5 nhwng cic em nhin gia tri dao ham khong
xac dinh tai x=0.5 nén ta sé& ldy gia tri ldn can 0.5

Chayla f(I)=(a+bd+c)— Chonb=1

1 1 =
Thiﬁ_[jx%drka+b+c
F Math & Fi| Math &
Ji 1, 4 l0RZ- —THAE
0. S000000000 1 T R - |
1. 999995529

Chon ddp dn D.
Neu ma de hoi 4a+2b +¢ thicdc em tinh tich phin tir 0.5+ Ax— 2

tan’ xdx = a+br

O e [y

Bai 1. Cho tich phan (@0€0) i gig t cia bidu thic
P=a+b
p_2 p_3 p_1 p_11
A 4 B. 4 C. 4 D. 4
(Tdng hop tich phan chéng Casio — Nguén Internet

2017)

t1—x
I e“dx=ae’ +be
1

Bai 2. Cho tich phan (#2€9Q) 1 &’ (4.6€Q) Tin gia tr ctia bidu
thoee P=a+b
A P=-1 B. P=05 C. P=1 D. P=2
(Téng hop tich phan chéng Casio — Nguén Internet

2017)
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3
j COS%X+ZCOSX dx=aln2+bIn3+c¢ b 7
Bai 3. Cho tich phan p 2+3sinx—cos2x (a.b,ce ) Tinh
P=a+b+c
A P=-3 B. P=-2 C. P=2 D. P=1
(Téng hop tich phan chéng Casio — Nguén Internet
2017)
4
D aln2+blns+cinll

S
Bai 4. Cho tich phan 12% *3¥+3 (a.b,ceZ)

biéu thee P=a+b+c

. Tinh gia tri ctia

A P=1 B. P=-3 C.2 D. 0
(Téng hop tich phan chéng Casio — Nguén Internet
2017)
X7+ 2x+2

dcx=aln2+bIn3+c

Bai 5. Cho tich phan 1 X *X (@b.c€Z)  Tinn gia ti cta
biéu thee P=a+b+c
A. P=3 B. P=-2 C. 4 D. -1
(Téng hop tich phan chéng

Casio — Ngudn Internet 2017)

Bai 6. Néu sir dung phwong phap dbi bién véi &n phu = Va' =1 dqua tich phan

5
I _[ dx
2 xyx’ -1
V3 thanh tich phan nao sau day ?
f dt j dt f dt } dt
J 241 1741 2 t(t7+1) (1)
A. & B. C. & D. &
(Téng hep tich phan chéng Casio — Ngudn Internet
2017)
ai 7. Néu sir dung phuong phap dbi bién véi an phu ¢ =1+3cosx  dwa nguyén ham
] :J-sm2x+smxdx
VI+3cosx thanh nguyén ham nao sau day ?
~2t* 1 1.-2t* -1 “2t-1 “2t-1
dt — | ——dt
A. I B. 97 Wt I I
(Téng hop t|ch phén chéng CaS|o Ngubn Internet

2017)
Bai 8. Néu sir dung phwong phap dbi bién véi &n phy #=1+3cosx  dwa nguyén ham
I J»s1n2x+smx

VI+3cosx  thanh nguyén ham nao sau day ?
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—2t* -1 1p-2t* -1 -2t-1 1¢-2t-1
dt — dt ———dt —|—=—dt
A.I Jt B. 9 Wt c.I Jt D.9I Jt
(Téng hep tich phan chéng Casio — Ngudn Internet

2017)
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tan’ xdx = a+br

O | ]

Bai 1. Cho tich phan (6€Q)  Tinh gia tri coa biéu thic
P=a+b
p_> p_3 1 p-1
A 4 B. 4 c. 4 D. 4
(Téng hop tich phan chéng Casio — Ngudn Internet
2017)
Loi gidi:
3
J.tan2 xdx
Tinh gia trj tich phan © roi lwu vao bién 4
g w4yl Q))dROEagqKR4=q Jz
_ ] Math & I|:|| I|:|| ] Math &
4 s+
J,:, Lan(x)=dx
0. 2146018366 0. 2146018366
{a+bnA
5
] ] a+b==
Néu dap sd A dung ta c6 hé phwong trinh 4 < a=1.7334.. khong phai
la sé hiru ti = Dap sb A sai
W 511=qg K =Q z=1=12=25FP4-=-=
F] Math¥
=
1.733471103
a+br=A4
3 a=1
a+b== = h=?
Twong tw nhw vay véi dap an B ta cé hé phwong trinh 4 .= B
la dap sb chinh xac
Fi] Math¥ Fi] Math &
A= =
1
1 ]

2
l-x
e'dx=a.e’ +be
Bai 2. Cho tich phan (40 <2) ! X’ (
thoe P=a+b

a,beQ)

. Tinh gia tri cGa biéu
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A. P=-1 B. P=05 C. P=1 D. P=2
(Téng hop tich phan chéng Casio — Ngudn Internet
2017)

Loi giai:
2
1—x

2
X

e'dx

Tinh gié tri tich phan roi lwu vao bién 4
y alpQ)RQ)dS$SQK *~"Q)RT1TEZ?2=49gJz

TN B M & P B Mah &
Ji oz O
-0, F7e24627 1 -0, 9Ve2 462 1
{aez+be:A :{az—O.S
Vi dap sb A ta ¢ hé phwong trinh (@ +0=03 b=1

w 51T Q K d=Q K =Q z=1=1=20.52=7=-=

] Math¥ ] Math &
A= =
1
=z 1
= Pap sb A chinh xac
3
| COS3XF2COSY v yin2+bIn3+c ey
Bai 3. Cho tich phan oZ2%3smx—cos2x (@b.c€Z) i
P=a+b+c
A. P=-3 B. P=-2 C. P=2 D. P=1
(Téng hop tich phan chéng Casio — Ngudn Internet
2017)
Loi giai:
2 cos3x+2cosx
.[2 3si ) d ) .
0 £ FISIMXTCOSLX i jpu vao bién 4

Tinh gia tri tich phan
y ak3Q))+2kQ))R2+3jQ))pk?2
Q ) ) ROEagq K R2=q9 Jz

[F| Math & F] Math &

JE cos (35) +2con  HNSHA
0 Z2+5=1n ARl —-Co=

0. 8305717579 0. 8905717579

_ i b ) (o) 203 =5 )
Vay aln2+bn3+c=A4<n(2°3"€)=In(e’) & Tim 23" biing chiro
nang lap bang gia tri MODE 7  v&i bién X =c¢
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w 7 aQ K *"Q zRQK*»Q ) ==p9=10-=1 =

F Math
n Fiinl
-3
-
=1

1
B :
g E.E2IH

15

a ;. A _ 2 _ ~anb 1.
Tadu:o’c 2¢3b =18 vOi X=c=-2 Vay 18=2.3=23 :>Cl—1,b—2
= P=a+b+c=1+2-2=1 = Pap sb chinh xac la D

;
ZL:aln2+bln5+clnll
Bai 4. Cho tich phan 12 T3x+3 (@:6:¢€Z) 1inn gia trj cta
biéu thec P=a+b+c
A. P=1 B. P=-3 C.2 D. 0
(Téng hop tich phan chéng Casio — Ngudn Internet
2017)
Loi giai:
¢ dx 3
23> +5x+3

= Tinh gia tri tich phan 1 roi lwu vao bién 4
y alR2Q )d+5Q )+ 3R1TEA4=4qg Jz
Jd 1 Fi] Ij::“::l'ﬂa.th Y Pln5+||:| F:] Math &
1 ZHE+5H+5
0. 12783357165 0. 1278335715

aln2+bln5+clnll:A<:>1n(2”.5b.llc):ln(e”‘)

2SI met = 2D

= =52"11"
22 2.11

Rérang 4="Lb=2%c=-1 = P=a+b+c=1+2-2=1
= Pap sbd chinh xaclaD

Tl +2x+2

5 dx=aln2+bIn3+c
Bai 5. Cho tich phan 1~ T~
biéu thee P=a+b+c
A. P=3 B. P=-2 C. 4 D. -1
(Téng hop tich phan chéng
Casio — Ngudn Internet 2017)

(@b.c€Z)  1inh gia i ciia

Loi gidi:

t dx 3

2 - .
- Tinh gia tri tich phan 12X T3%+3 18 1pu vao bién 4

y aQ )d+2Q)+2RQ)d+Q ) RT1TE?2-=nq

J z
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[P Math & F| Math &

R o s
Ji W

ANS+A

Hl 980529254 1. 980529253

2030 e = =23 =—

Vay aln2+bn3+c=A4<n(2°3" € )=In(e’) c  Tim
2°3" pang chirc nang lap bang gia tri MODE 7 v&i bién X =¢
w 7aQ K*"Q zRQ K *"Q ) ==p9=10=1-=
i} Math
" Finl

|
= Hﬂl
E . BEEEEEEET

=23 = g=3h=—1
voi X =c=1 |

W | oo

243" =2.66(6) =

Ta duwoc
= P=a+b+c=3-1+1=3 = P3p sb chinh xac la A

Bai 6. Néu st dung phwong phap ddi bién vai an phy {=VX —1  gua tich phan

5
dx
I =
ix x’ -1
V3 thanh tich phan nao sau day ?
f dt j dt f dt j dt
> 1+ L 17+ 2 t(t7+1) 7 t(t2+1)
A & B. C. & D.
(Téng hop tich phan chéng Casio — Ngudn Internet
2017)
Lo gidi:
PO S
> xvxi-1 12
2

Tinh gia tri tich phan

y alTRQ)sQ)dp1Ra2Rs 3ETES s?2

£ ::-::._I'::-ﬂ:..': Math &
= 1
L

T
Tich phan nao cé gia tri bang 12 thi d6 14 dap an dung. Ta cé dap an B c6 gia tri

w 4y al1TRQ)d+1TRa1l1Rs 3ETETI1TS-=
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[F:] Math &
1 1
LHE+1EIH 1
= iz

= Pap sb chinh xac 1a A
Chu y : Gia tri tich phan khéng thay dbi theo phép dbi bién (dat 4n phu)

Bai 7. Néu str dung phwong phap déi bién véi &n phy ¢ =1+3cosx  dwa nguyén ham
| J-s1n2x+smx

VI+3cosx  thanh nguyén ham nao sau day ?

J‘-ZT —1 J' —2t* —1 J- -2t — 1 J' -2t - 1
(Tong hop t|ch phan chong Casio — Nguon Internet
2017)
Loi gidi:
3
ul 1= jsyﬂx
+ Choncan Ova 2. Tinhgiatritich phan o VIF3cosx

yaj2Q))+jQ))Rs1T+3kQ))ROE
a qg K R 2 =

_ B Math &
JE Sin(EX) +5in 0
o J14+E5C0s ()

1. 259259255

x=0=¢t=1+cos3x=4

. X i R x:£:>t=1

= Tién hanh ddi bién thi phai doi can
C1p2t+1
- VoidapsdbDtacs 3 Jt
a1lR9Sy ap2Q)pTRsQ)R4E1T=non

dt

1 1 _E:H:_i [F] Math &
EJ Py -
| 259059259

= Pap sb chinh xac la D
Chu y : Chon can thé nao cling dwoc tuy nhién nén chon can X sao cho ! dep.
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