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ON TAP SO 06 - ON TAP GK2 TOAN 12 - NAM HOC 2024 -

2025

PHAN L. Thi sinh tra 10i tir cAu 1 dén céu 12. M&i cau héi thi sinh chi chon mt phwong an.

Cau 1:

Cau 2:

Cau 3:

Cho ham s f (x) xac dinh trén khoang K. Ham sb F(x) la mdt nguyén ham cua

! (x) trén khoang K. Meénh d nao dudi day sai?
A F(x)=f'(x). B. F'(x)= f(x).

ham so

Loi giai

Theo dinh nghia, ham s F(x) 14 mot nguyén ham ciia ham sb J (x) trén khodng

K F0)=7(x)

Tim nguyén ham cta ham sb / (x) = cos3x )
sin3x

A [cos3xdx=3sin3x +C. . [cos3xdx = +C.
sin3x

C Icos3xdx=sin3x+C b Icos3xdx=— +C

Loi giai

jcosBxdx = lJcos3xd(3x) _sin3x +C
3 3 _

Ta co:

Cho hai ham s f(x) , g(x) lién tuc trén doan [C;d] va s6 thuc k. Trong cac

khang dinh sau, khang dinh nao sai?

R I[f(x)+g(x)]dx:_Lff(x)dx+]:.g(x)dx

. B.
I[f(x)_g(x)]dx:]jf(x)dx—ffg(x)dx
C E[f(x)'g(x)]dx:jf(x)dx-jg(x)dx . jkf(X)dx:kjf(x)dx



Cau 4:

Cau 6:

Theo 1y thuyét tinh chat ctia tich phan.

\ A ‘A A < A \ A F \ A A \ 5
Cho ham so6 ! (x) lién tuc tréen ¥ . Biét ham so (x) la mot nguyén ham cua

4

_ _ S (x)dx
/() trén U va F(2)=6,F(4)=12. Tich phan '2[ bang
A 2. B. 18, c. 6, D.
Loi giai
4
[f(x)dx=F(4)-F(2)=12-6=6
Ta co: 2
5 -1
[r()a==3  [r(x)a
Néu -! thi 3 bang
A. S B. 4. c. -1 D
Loi giai
-1 5
jf(x)dx:—jf(x)dx=3
Taco 3 -1 .
Goi S 1a dién tich hinh phing dugc t6 d4m trong hinh v& bén.
)
% y = fx)
//
-1 /////////, z
Cong thuc tinh S 1a
1 2 1 2
jf(x)dx+jf(x)dx jf(x)dx—jf(x)dx
A 1 . B. ! .
2 2
jf(x)dx —jf(x)dx
C. - . D. - )



Cau 8:

Cau 9:

5 . 5 \ . — 2
Tinh thé tich khoi tron xoay khi cho hinh phang gidi han boi do thi ham s6 Y =% ;

truc O% va cac duong thing ¥ = Lx=3 quay quanh tryc OX 1a:
24 ,_26 ,_ 267 ,_ 242
A. 5. B. 3. C. 3. D. 5
Loi giai

3
V= ni(xz)z dx = nix“dx = nx—s _ 242
1

Thé tich khéi tron xoay 1a: ! 3, >
2025
Ho nguyén ham cia ham sb S(x)=x la
1 x2026
A, 2026x°%°+C B. 2026x*” +C C. 2025 D.
1 2026
2026
Loi giai
a 1 a+l
) x%dx = X C
Ap dung cong thirc a+1 J(a#-1y,

1 1
J‘xzozsdx _ x2025+1 +C= 2026

Ta c6 ©2025+1 2026

2 F(x)=x> . . A s \ \ x X n e
Biét ( ) la mdt nguyén ham cua ham so / ( ) trén U . Gia tri cua

j [2+/(x)]dx

béng

A. 3. B. J. c. 3. D.

Loi giai

2 2
2+ f(x) |dx =(2x+x7
Ta co: ![ ( )] ( )1 =8-3=5

Ciau 10: Chat diém chuyén dong theo quy luat van toc v(t) (m/s) c6 dang duong thang khi

0<2<3(s) va 8<1<15(s) va V(1) ¢6 dang duong parabol khi 3=<7<8 (s)(nhu



Cau 11:

hinh v&). Quing dudng chat diém di duoc trong khoang thoi gian tir 8 gidy dén 15

gidy bang bao nhiéu mét?

o) ERERRE 15 t(s)

A. 5m. B. 21 m, C. 74 m. D. 73,5 m.
Loi giai

Trong khoang thoi gian tir 8 dén 15 giay, d0 thi V(1) 1a mot duong thang di qua hai

diém (8;21) va (15;0) vatacod v(t)=at+b )

{8a+b:21 {a:—3
Ry
Tir gid thiét ta co he: U2a+0=0 (b=45

Do dé v@):—3t+45(85t§15)

Quing dudng chit diém di dugc trong khoang thoi gian nay 1a:

12 215 15 14
S, = [(-3t+45)di = L DTN L (R
) 2|8 2
m.
Dién tich cia hinh phang duoc giéi han boi b thi ham sé » =7 (%) trye hoanh v

hai duong thang X=a@ X = b (a < b) tinh theo cong thirc nao dudi day ?

Yk /
a / b _

/c 0 ’




§= £(x)ar+ [ £ (x)a S=

Loi giai

Dién tich ctia hinh phéng dugc gidi han boi dd thi ham sd y=/ (x) , truc hoanh va

hai dudng thang Xx=a, x=b la:

S= j;‘f(x)‘dx = :[‘f(x)‘dx+ .:ﬂf(x)‘dx = —j:f(x)dx +jjf(x)dx

9 —_ 3 —_ —_ 2 Ry
Cau 12: Dién tich hinh phing giéi han boi cac duong ¥ = X' = 6x va V=¥ bang

125 253 63 16
A. 12 B. 12 . C. 4 D. 3
pat /1) =3 =08 4 L) =X gt Ai(X) - (x) =0 ma—6x

Phuong trinh fi(x)=f2(x)=0 c6 banghiem 1a M1~ —2,%,=0,x;=3 .

Dién tich cta hinh phang da cho 1a

3

S=”x3—x2—6x’dx= _T(x3—x2—6x)dx

x_4_x3 - 3x?
4 3

2 — 2_ —
Caul: Hinh phing (H) gi6i han boi céc duomg V=% 2% »=0 x=-10 x=10

+

j()ﬁ —x? —6x)dx|

0

3
0

25
12

Phan II. Pung sai

S = ljo (x* —2x)dx
a) Dién tich hinh phang (H) dugc tinh theo cong thuc .
S = ]l (x2 - 2x)dx— j(xz —2x)dx+ IJg(x2 - 2x)dx
b) Dién tich hinh phang () 1a o 0 z

e e (H) ST
c¢) Dién tich hinh phang la:



Cau 2:

d) Thé tich khéi tron xoay khi quay hinh phing (H) quanh truyc OX duoc tinh theo

S:nl_f(xz—2x)2dx

cong thuc -10
Loi gidi
Béng xét dau:
X —x 0 2 +x
x —2x + 0 - 0 +
b) Pung: Dién tich can tim:

S= IJQ ‘xz —2x‘dx= ji (xz —2x)dx—‘2[(x2 —2x)dx+lf(x2 —2x)dx

-10 -10 0

1300 4 704 2008
2 3 3 3 3

2008

. . (H) . %
c¢) bung: Dién tich hinh phang la: 3
. 2 ., D . \ 2 (H ) ,
d) bung: The tich khoi tron xoay khi quay hinh phang quanh tryc Ox dugc tinh

S=nr IJQ (x2 —2x)2dx
theo cong thirc -10

_ 3
Cho ham s f(x)—x *

3 2

Fle)=x—x , JS)d=T =T

a) Ho nguyén ham cta ham so la

1
I = I X —x dx——
b) 0
\ I4 — 3 — 9
c) Dién tich gioi han boi dd thi ham s6 Y =% ~% | truc hoanh va hai duong thing
1
x=0,x=1 bang 4 .
d) Thé tich khdi tron xoay tao thanh khi cho hinh phing gidi han boi d6 thi ham sb
f (x) =x —x
il
bang 105 .

x=0;x=1

, truc hoanh va hai duong thang quay quanh truc hoanh



Loi giai

b) Sai:
xtox? l 1
S=”x3—x‘dx: (—x3+x)dx ——+—| ==
, 7 0 4 2 4
c) bung 0
l xox? l 1
S:H)f—x‘dx: (—x3+x)dx: i ==
. 4 2 4
d) Pung: 0 0 0
Phan IIl. Tra I&i ngan
f’(x)=;
Caul: Cho ham sb f(x) x4c dinh trén : \{_45’45} thoa man x* —2025 ,
/ (5)20 . Khi d6 hay tinh f (_100) .(Két qua lam tron dén hang phﬁn tram)
Loi giai
Ta co:
1 1 1 1 1 x—45
x)=|f(x)dx=|———dx=— — dx=—In +
f() If() Ix2—2025 90 (x—45 x+45] 90 |x+45
f(5)=o:>l1n’ﬂ‘+c=o:>c=—i1ni = f(x)=—In x‘45‘_il 4
90 |5+45 90 5 90 |x+45| 90 5
= f(-100)=0,01
Pap an:
0 , 0 1
[ a
I=[]¢@-3x+2dr=—, ,pen" 2
Cau2: Biét O b ysi b t6i gian. Tinh T =a+b.

Loi giai



x2—3x+2:O<:>[x

Ta co:

2

:>[:.2”x2—3x+2‘dx:j(x2—3x+2)dx—I(x2—3x+2)dx
-1
2

-1 -1
3 ! 3
= x——§x2+2x - x——§x2+2x =§—(—§j—(g—§j:§
3 2 . 3 2 1 6 6 3 6 6
=>T=a+b=35

Pap an:

3 5

Cau 3: Vao budi hoc cubi cing trude khi hoc sinh ctia minh bude vao ki thi Tét nghiép trung
hoc phd thong, Thay Vinh da trang tri bang bang mot cdu chuc that ¥ nghia 13 “DO
NV1” va ddm chét toan hoc.

Sau d6 dé tao khong khi that vui vé, Thiy da db ca 16p chir ¥ trén bang co dién tich

bao nhiéu.



Ai doén dung s& nhan dugc phan thuong 1a dién tich chir V nhan vei 10.000 dong.

Hoi tién thuong 13 bao nhiéu nghin déng (Két qua 1am tron dén hang don vi)?

Loi giai

YA

y=br’+c

)
e
=y

f(4)=g(4)©16a:16b+§@b—a:_i

Dua vao hinh v& thay: 2 32

4

S=[[g(x)=f(x)]dx= J(bszr%—axzjdx: j{(b—a)x%ﬂdx

-4

Mat khac: -4 -4



4
:I(—ix2+£jdx=4—0
327 72 3

ﬂ.10000:400000

~133
Vay s6 tién thuong ma hoc sinh lam dung nhan dugc la: 3

nghin dong.

Pap an:

CAu4: Tu hinh chit nhat 4BCD ¢4 chiéu dai 48 =10 ¢m va chiéu rong BC =5 ¢m, nguoi

< 5 A R s re 5 . 5 1 ~ A \ . 5 \
ta cat bo mién ( ) duoc gidi han bdi canh CD cia hinh chit nhat va hai nira duong

parabol c6 chung dinh 1a trung diém cta canh 4B | chiing 1an luot di qua hai dau mat

¢.D cta hinh chir nhat d6. Phan con lai cho quay quanh truc AB  dé tao nén mot dd

vat 1am trang tri. Thé tich ciia vat trang tri d6 bang bao nhiéu? (Két qua lam tron dén

hang don vi)
D C
A
(@] B
Loi giai
Yy
D 5 C
)
A \ B
—5 o] 5 T

Khi quay hinh chit nhat 4BCD quanh tryc 48 ta dugc khdi tru ¢6 ban kinh day

r=BC=35 ¢mva chiéu cao #=A4B=10 ¢m,

. . . V. =7r.5.10=250 ’
Do do thé tich khéi tru nay co thé tich ' 7 (em’)




Chon hé truc toa do nhu hinh v€ thi C(S;S) va parabol bén phai truc Ox ¢4 dang

(Pl):y2 =2px

5
Ce(P)op===(P):y*=5x _ =
Ta c6 (%) 2 (%) hay Y = Sx

s (R) Ox r kvt 1
Khi d6 mién khi quay quanh truc “* co6 thé tich la
5

V,= 2ﬂj[52 — Sx]dx =27 (25x—§x2j =125%
0

0

X 5 =V, -V,=12 ) =~ 3
Vay thé tich phan con lai la V=h-"r Sﬂ(cm ) 393(cm )

Dap an:

Phan IV. Van dung

Cau 1: Mot vat thé c6 kich thudc va hinh dang nhu hinh vé minh hoa duéi day. Day 14 hinh
elip c6 d6 dai truc 16n bang © va do dai truc bé bang 4 . Khi cét vat thé boi mat
phang vudng goc véi Ox ta duoc thiét dién 1a mot tam gidc déu. Goi thé tich cua vat

thé1a V . Tinh V°

2
2 X
x_z+y—2=lc>x—+y—=1 y2:4(1—§J
Phuong trinh elip la: 3° 2 9 4 nén ta co

Vi thiét dién 1a tam giac déu voi canh 1a 2V nén dién tich thiét dién S(x) duoc tinh

S(x)= ?m)z =3y =43 (1—’9

bang cong thirc:



Cau 2:

Cau 3:

3

V=[S(x)dr =-3[4\/§[1—%2jdx =16\/3

Thé tich cua vat thé 1a : -3 (dvtt)
2
V:=(1643) =768
vay V= 1643)
Pap an:
716 |8

Chép hanh theo “Luat trat ty an toan giao thong duong bd theo nghi dinh 168, Chi

Nga dang 1ai xe v6i van toc S (m/s) thi nhan thdy phia truéc dén giao thong dang
chuyén sang dén do nén can giam téc do cua xe dé doi dén do. Sau khi dap phanh, xe

V(1) =07t +5 (m/s), trong d6 ! 1a thoi gian

chuyén dong cham dan déu voi van tdc
tinh bang gidy ké tir luc dap phanh. Hoi tir lac dap phanh dén khi xe dimg han, xe di
chuyén quing dudng bao nhiéu mét? (Két qua lam tron dén hang phan muoi).
Loi gidi
v(t)=0©—0,7t+5=0©t:&

Khi xe dirng han, ta c6: 7 giay.

Vay quing duong xe di chuyén dugc tir lic dap phanh dén khi xe dung han la:

) )
7 2 7
[(070+5)x=[ 075450 | =12=17,0
) 2 7
0 m.
Pap an:
I A A

Trong khu vyc trung tdm cta mot cong vién 16n, c6 mot miéng dat co dang hinh tron
duong kinh 4B =10 m_ Nguoi ta trang tri khu vuc ndy bang hai dudng parabol d6i

xtng nhau qua 4B | nim trong hinh tron, di qua cac diém 4B va c6 dinh cach mép

hinh tron 1™ . Phin giéi han boi hai parabol duge trong hoa véi chi phi 300 nghin

Im? A s . A g s 1 2 Im?
, phan con lai duoc 1at gom st véi chi phi 700 nghin dong . Tinh

ddng
téng chi phi (triéu ddng) dé hoan thanh khu vuc nay (Két qua 1am tron dén hang phan

mudi)?



10m

Loi giai

Ta chon hé truc Oxy , sao cho tam cua hinh tron trung voi géc toa do, don vi trén hé

A(-5;0);B(5;0) C(0;4)

truc toa do la mét. Khi do , dinh ctia parabol th&r nhét 1a ,

dinh cua parabol thi hai 1a D(0:-4) .

ve

10m

Ta lap duoc phuong trinh hai Parabol ¢6 hai dinh lan luot 12 hai diém GD i di qua

4 4
. ) P): f(x)=——x>+4 P):g(x)=—x"—4
hai diém 48 1a (R):/(x)=55 va () 8(x)=33
o 4 160
l=4 (—2—X2+4jdx=_
Dién tich phan trong hoa la: 0 > (m?)
. ) S =7T52—Sl—7r.52—@z25,2
Dién tich phan lat gom su 1a: 3 (m?)

Tdng chi phi dé hoan thanh la:



1
300.5, +700.5, = 3()0.ﬂ + 700.(257r - @) ~33644,5 . ~33.6
3 3 (nghin dong) ~ - (triéu
ddng)
Pap an:




