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GIOI HAN — LIEN TUC

DGidi han cua day $0:
1)Moét vai gidi han dac biét

lim 1+ =0; 1imlk=0,(neN*) lim ¢" =0
+) n—+0 g n—>+o p +) n—>+0 Voi |q|<1 +)limq’1 = 4+ 0O yJi q > ]
Hlimn* =+ véik €Z” +H)lime = ¢ (¢ la hang s6)

2) Dinh Iy & Tinh chit

i
a)Néu limu, = a va limv,= % © thi lim »
u
_n e +w
b)Néu limu, = a >0 va limv, = 0va v,> 0, Vi thi lim Vn (twong tu cho - © )
c)Né;u limu, = a >0 va limv, =+ thilim(u,v,) =+ ® (twong tw cho - © )
3)Tong cua cdp so nhan lui vo han:
M

Cho cdp s6 nhén (u,) cé cong béi g, véi |q|<I , ta ¢é S= u; +u, +...4u,+... = I-¢q
IDGi6i han ciia ham s6
1)Ciic gidi han dic biét:

lim x limc lim ¢ lim ik lim x* N
+) XX,  — Xo+) -x =g +) x>t = +) oEe Xt =) +) X—>+00 =+ yoik € A

lim x* , ] lim x* . -
+) x> =-9% peuklaso lé +) x> =+ %0 péy kla sé chan
2) Dinh Iy & Tinh chit:
*)Cdc tinh chat trén van ding khi x = ¥

lim £ (x) lim £(x) lim /(x)
C) X=X — L <& xoxg — XX, —

. f(x)
. lim f(x) lim g(x) lim =0
d)Néu %" =L, % —too gp *) 7 8(X)
lim[ f(x).g(x)] . _ lim g(x) 5 _ lim g(x)
*) % =+ %0 péu L>0va % =+ 0 hogc L<0va *>% =-
lim[ f(x).g(x)] . _ lim g(x) 5 _ lim g(x)
*) % =-% péu L>0va % =-% hogc L<0va *>% =+ ®

LD Ham sé lién tuc

1BN :Cho ham sé y = f(x) xdc dinh trén khoang (a;b) va x° € (@) Ham sé f(x) goi la lién tuc tai diém x
o lim f(x) = f(x,)

0 neu *—%

*)Ham so y = f(x) lién tuc trén khodng néu no lién tuc tai moi diém thuéc khodng do.

*)Ham so y = f(x) lién tuc trén dogn [a;b] néu no lién tuc trén khoang (a;b) va

lim £(x) = /(@) lim /(x)= £ (b)

2) Dinh Iy & Tinh chit:
*)Cac ham da thirc lién tuc trén R.
*)Cac ham phdn thirc hitu ti va ham luong giac lién tuc trén tung khoang xdc dinh cua no.

*)Néu fix) va g(x) lién tuc tai x, thi fix) T g(x) ; f(x). g(x) va fix)/g(x) (g(x) # 0) ciing lién tuc tqi x,
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3)Néu ham s6 y =f{x) lién tuc trén doan
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[a:0] va fla).f(b) < 0 thi ton tai it nhat mét diém c € (a;b) sao cho

fle)=0 i )
I - PHAN TRAC NGHIEM:
. 1+3"
lim -
Cau 1: Tim 4+3 ta duogc:
1 3
A.4 B.4 c.1 p. +o
. In* =3
lim >
Cau 2: Tim n" =2 ta duoc:
3
A.0 B.7 C.» D. 2
. 3n%+n+1
I|m3—
Cau 3: Tim 2n°+1  ta duogc:
1 3
A 0 B. 4 C. +© D. 2
Cau 4: Trong b6n gidi han sau déy, giéi han nao bang 0?
n*—n+l n*=3n+2 n +2n-1 2n* —3n
A.lim 2n-1 B.lim 7’ +n C.lim n-2n’ D.lim 7’ +3n

Cau 5: Trong bbn gidi han sau ddy, giéi han nao 12 0 2

2" +1 2" +3 1-n’ 2n+1)n-3)
A.lim 32" =3" B.lim 1-2" C.lim n” +2n ; D.lim n-2n°
Ciu 6: Trong cic ménh dé sau day, hiy chon ménh dé sai
3 3 3
n’ —2n . 1-n . —3n 3
: 3\ _ lim =40 lim = —0 lim =——
o im(2n=3n")=—0 WMy =t AT b 2+l 2
1
Cau 7. Trong bon gidi han sau day, gidi han nao la 29
2n+3 n®+n n’ n’—n’
A.lim 2-3n B.lim —2n—n’ C.lim n* +3 D.lim 2 +1 ;
Ciu 16: Chon khang dinh dung trong cac khang dinh sau?
2 n 4 n
M43 e _ H _0 H o
A.lim 2—3n B.lim —21n— 1 C.lim \3 D. lim \ 3 .

Ciau 8: Chon khang dinh sai trong cac khang dinh sau?

2n+3_
A lim 2— 1

0

1,1

1
Céu 9: Tinh gidi han: lim L.z 23
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2]"
5 ) 2
B. lim (47" +2n—1)=+0 lim(3

1 }
+
n(n+1)
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3
A.1 B. 0 C. 2 D. 2
I 1 1
—+—+—+
CAul0: Tinhténg: S=1+ 3 9 27
1 3
A. 2 B. 1 C. 2 D.2
1im1+3+5+...+(2n—1)
Cau 11. 2n(2n=3) bing :
1
A4 B. 1 C.4 D.2
.. C
’ lim —
Cau 12: V6i k 1a s6 nguyén duong, ¢ 1a hang s6. Két qua cta gidi han * 7" X 1a:
k
A. %o B. +o° +o C.0 D, —% —®
. ; . . . lim x*
Cau 13: Voi k 1a s06 nguyén duong chan. Két qua cua giéi han > la:
k
A. %o B.0 C. 7w T D. =% ==
) ) lim x*
Cau 14: Voi k 1a s6 nguyén duong. Két qua cua gigi han *—% la:
k
A, T T B. =% =% C.0 p. %o
. X +2x-15
lim—————
Cau 15: Tinh ** x-3 ta dugc:
1
A.® B.8 C.8 D.2
. 3x+1
lim
Cau 16: Tinh " x—1 ta duoc:
A2 B. 7T TE C. T DO
. 5x*+4x-3
lim———
Cau 17: Tinh ** 2x" =7x+1 ta duoc:
>
Al B.2 C +x D.5
Céu 18: Trong bdn gi6i han sau day, gidi han nao 1a 19
2 _ 3
im 273 g2 fim L oy VB2x-2
A TN -lmx g TEANGETHD2-X) ¢ T -1 oo Jxs2
Ciu 19: Trong bdn gidi han sau day, gidi han nao la +0 ?
. —3x+4 . —3x+4 . —3x+4 . —3x+4
lim lim lim lim
A, Y x=2 B. ™ x-2 C. = x-2 D. > x—2

Cau 20: Trong bon gidi han sau day, gioi han nao la =19
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. Al-x-1 it - lim x+1-+vx+3 . 2x-1
A. 1}31 X \/_ 1 ¢, *! x* =1 D. I}gl (x—l)2
Ciu 21: Gi6i han ciia ham sb nao dudi ddy c6 két qua bang 1?
limx2+4x+3 limx2+3x+2 limx2+3x+2 lim x> +3x+2
A, 1 x+1 B. ! x+1 Cc. ! l1-x D. 2% x+2

Céu 22: Tim ménh dé dung trong cic ménh dé sau:
\/5 x—=2 3 X /3x_2—_i
. A—)l.‘lz X — 1 2B X2 x2_4 - 16
x=~x 1 C xrl=Ux+1 1

Iim—————=—— lim =——

c. ! x' -1 12 D. *° X 6
lim f(x)=-3 lim f(x)=7 P =1lim [f(x) - 2g(x)]
Cau 23: Cho % va 7% .Tinh gié tri =%
A.P=17 B.P=1 C.p=-17 D.P =11

lim (3x7 —5x° +7x—4)

Cau 24: Tinh x>~ ta dugc:A. T T B. >~ ~—* (C.3 D.2

3xt —4x+1
f=1" o @D

S5m>=3,(x=1)

Cau 25: Tim m dé ham s6 lién tuc tai diém x = 1.

L1
A m=1 B.m=-1 Cm=1m=-1 D.m= \/g
x -1
= khix=l1
S(x)=1 x-1
Cau 26: Cho ham sé: a  khix=1 4450 Lién tue trén tap xéc dinh thi a bing?
A. -1 B.0 C.+1 D.2
b X —44x+2
Cau 27: He‘lm sO 2x-1 lién tyc trén khoang nao dudi day?
1 1
—0;— —, 10 00; — —00; —
N ) L G o (Caio0) o 2)Va( 2

Cau 28: Phu’orng trinh nao dudi day co nghlem trén khoang (0;1).
A2 +3x+1=0R 2x’ -3x+2=0 ( 2(x-3)(x-D-x+2=0p 3(x-3)(x-1)-3x+2=0

Cau 29: S nghiém thuc ctia phuong trinh 2% =6x+1=0 thudc khoang (-2 ;1) 1a :
A.2 B.0 C.3 D. 1
II. TU LUAN

Cau 1: Tim cac gidi han sau:

I — 3
Iimw Iimw lim (2X+\/4X2+4X—2)

a/ n*+1 b/ x—0 X ¢/ X
. l-x AP —1+x*=2x-5
lim lim (—=3x° +5x° +1) lim

d)I[= =Y Xx=2 )= v 1= =3 x—3
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Cau 2:
Nx-10-2 0
f()C): x=2
I)Chohémsé. mx+3 khi x<2

a) Khi m = 2. Xét tinh lién tuc ctia ham sb tai x = 2.
b) Tim m dé ham so6 lién tyc tai x = 2.

X =3x"+2
_— #1
f(x)= 1-x (r=1)
2 _
2):Cho ham s mx+2m  (x=1)

a) Khi m = -1 . Xét tinh lién tuc cua ham sdtaix =1
b) Khi m = 1. X¢ét tinh lién tuc ctia ham s6 trén TXD cua no
¢)Tim m dé ham so lién tuc tai x = 1.

Cau 3:
a)Chang minh rang phuong trinh sau c6 it nhat mot nghiém am: 25 =10x~7=0

. X cosx+2sinx+2=0 (0;—“)
b)Chiing minh rang phuong trinh 3 c6 nghiém trong khoang

¢)CMR: phuong trinh; 082X +asinx+bcosx =0 1ysn co nghidm véi moi a, b.

(m4+m+1)x2°1°+x5—32:0 ,
d)Cho phuong trinh: , m la tham s6

CMR phuong trinh trén ludn cé it nhét mot nghiém duong vdi moi gia tri cuia tham s6 m

VECTO TRONG KHONG GIAN — QUAN HE VUONG GOC.
LYVécto trong khong gian )
a)Vecto trong khong gian twong tw nhw vécto trong hinh hoc phang :
) Vécto la mét doan thing cé hudng Vécto ¢é diém dau A,diém cuéi B ki hiéu la AB (Khi A= B thi KH 0
)

+)Haivécto a,b goi la ciing phwong néu gid ciia chiing song song hodc trimg nhau (gid ciia vécto la dwong
thang di qua diém dau va diém cuoi cua vécto)
b)Cdc quy tic cin nho:

*Cho ba diém A,B,C tuyp y ,ta c6 : AB + BC=AC (Quy tdc ba diém)
*Cho hinh binh hianh ABCD ta ¢6 : AB + AD = AC (Quy tic hinh binh hanh)
*Cho ba diém 0, A,B tup  ,ta c6 - OB -04=A4B  (Quy tic triv)

—_— — —

*Cho hinh hgp ABCD,A’B’C’D’ ta ¢6 : AC'= AB+AD+ A4 (Quy tdc hinh hép)
+)Phép nhin vécto véi 1 so tuong ti nhu hinh hoc phdng.

+)Trong kg 3 vecto goi la dong phang néu gia ciia chiing ciing song song véi mot mp
+)Diéu kign dé 3 vecto dong phing:
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—_ - - -

a,b

Trong kg cho hai vecto khong cung phuong ab g mot vecto € .Khi do 3 vecto , € dong phang <=

—_—

¢6 duy nhdt cdp so thwe m,n sao cho € = ma+ nb
+)Phdn tich mét vecto theo ba vecto khong dong phing :

Cho ba vecto %0 , € khéng dong phang .Khi d6 Y vecto X ,ton tai duy nhat b ba sé m,n,p sao cho X =m
anb e
¢)Tich vé huéng , géc giiva hai vecto trong khéng gian twong tw nhw vécto trong hinh hoc phang

I1.Hai dwong thang vuong goc: i i
a) Goc gitta hai dwong thang : Goc gitta hai duong thang d1 va d2 la goc gitra hai duong thang d1° va d2°
cung di qua mdt di€m va lan luot song song (hodc trung) véi dlva d2

d1
/ )
~ 42
a

b)Hai dwong thang a va b goi la vuéng goc vo’z nhau néu goéc giita ching bang 90°, KH: a L b

u V

*) Tinh chdt I albouy=0 Véi lan lwot 13 hai VTCP ciaavab

{a /b
=clb
*) Tinh chét 2: \¢ ¢
BAI TAP TRAC NGHIEM
Céu 1: Cho tir dién déu ABCD canh a. Géc giita hai duong thang AB va CD bang
A.45° B.90° C.30° D.60°
Cédu 2:Cho hinh 13p phuong ABCD.A’B’C’D’. Goi M,N lan luot 1a trung diém cia AD va BB’. Khi d6 Cos
(MN;aC')
bang:

3 V2 V3 2

A2 B. 3 C. 2 D. V3

Cau 3: Cl}o hinhq hop ABCD.A’B’C’D’. Go1 O, N lan luot 1a trung diém caua DC’ va B’D. B ba vecto nao
sau day dong phang:

A.TD‘;B—'C";W B.TD; Fé,l?é C. A_C:; W; B'D' D. ﬁ;ﬁ;ﬁ

Cau 4: Chon khing dinh sai?: , 7

A. Mot duong thang vudng goc voi mot trong hai duong thang song song thi vuéng goc voi duong thang con
lai

B. Cho ba dudng thang phan biét cing nam trong mdt mit phang, néu hai duong thang cing vudng goc voi
duong thang thir ba thi song song v6i nhau 7

C. Hai duong thang cung vudng goc voi duong thang thir ba thi vudng goc voi nhau

D. Hai dudng thang vudng goc voi nhau thi goc gitra chung bang 90°

Céu 5:Cho tir dién OABC, M la trung diém BC. Biéu thi AM theo 3 vecto OA , OB, OC

105 loc = 105 1%@ o
AAM = 27 + OA B AM = 2 _ OA
1 (R 1 MOH

c AM = 2% . 29 0A

Ciu 6: Cho tir dién déu ABCD. Chon ménh dé ding:

A.AB-LCD B.AB 1 BC ‘ C.AB L AD D.AB -1 BD
Cau 7: : Cho hinh hop ABCD.A’B’C’D’.Ménh d¢€ nao sau day sai:
AAC'=AB+ AD+ AA'. B. DA'= DA+ DC + DD'
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[AVAVAN VAN JAVAY ] [AVAVA'A] [AVAVAA] VAV AU VAAUAN [AVAAAY

c BD'=BA+ BC +BB' D.CA'=CB+CB+C(C

Ciu 8: Cho hinh hop ABCD.A’B’C’D’. Goi I 1a trung diém ctia CC’..Ménh dé nao sau day ding:
DO R TR
Al = AB+—AD+—AA' Al =—(AB + AD)

T 1) R0 R
AI:—(AB-{-AD-FAA') Wy LW LW [
C. 2 - D. Al =AB+ AD + AA'

Céu 9. Cho tir dién ABCD c¢6 AD = AC, BD = BC. Trong c4c ménh dé sau diy, ménh d& nao ding:

A.AC 1 BD B.AB 1 CD C.AB 1 BD D. AD 1 BC

Céu 10. Trén mp(R) cho duong tron tdm O duong kinh AB, trén duong thang d vuéng goc véi mp (R) tai A
lay ,diém S khac A, M la diém bat ki nam trén dudng tron 0) voi M # A, M #B. Goi P, Q lan luot 1a hinh
chiu cua A trén SM, SB. Tim m¢nh dé sai trong cac ménh dé sau:

A.SAJ-MB7 B.AP 1 SB C.AQ 1 PQ D.AD 1 BC

Céu 11. Tim khang dinh ding:

A.Hai duong thang cung vuéng goc voi duong thir ba thi song song

B.Hai duong thang cung vudng goc voi duong thang thir ba thi vudng goc i

C.Mot duong thang vudng goc véi mot trong hai duong thang song song thi vudng géc véi duong thang con
lai

D. Hai duong thang vudng goc thi cit nhau

Céu 12.Cho hinh chép S.ABCD ¢ SA = SB = SC va ASB = BSC = CSA Chon khing dinh ding

A.SA L AB B.SB 1 AB C.SC L AC D.SA 1 BC

BAI TAP TU LUAN , ‘

Cdu 1: Cho hinh hop ABCD.A’B’C’D’ ¢6 tat ca cac canh bang a (goi 1a hinh hop thoi) va géc

ABC =B'BA=B'BC = ¢(r Goi M 1a diém sao cho MA'=-2MC

. Lhivlppi2Be
a) Chimg minh BM = 3 3 3
b) Chimg minh CB'L CD
¢) Tinh cbsin cua gbc gitra hai dudng thang BD va AA’
Céu 2: Cho tir dién ABCD c6 AB, AC, AD d6i mdt vudéng goc v6i nhau. Tinh sd do goc giita hai duong
thang AB va CD .
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	1)ĐN :Cho hàm số y = f(x) xác định trên khoảng  (a;b) và  x.Hàm số  f(x) gọi là liên tục tại điểm x nếu  

