Cau 1.

[2H2-4] M6t nha san xuat sira co hai phuwong 4n 1am hop sita. Hop sira c6 dang khdi hop chit
nhat hodc hop sita co6 dang khéi tru. Nha san xudt mudn chi phi bao bi cang thap cang tt( tic
dién tich toan phﬁn cua hop nho nhét), nhung van phai chtra dugc mot thé tich xac dinh 1a ¥ cho
trude. Khi d6 dién tich toan phan ctia hop sira bé nhit trong hai phuong an 1a

A N27VE B 607 c. W6 p. W27V
Loi giai.

Chon D.

Truong hop 1: Hop stra hinh try.

.  V=ar*h=h= VZ S, = 2nr? +2nrh =2nr’ +z

Thé tich khong doi wr r

r 14 2 r 27Tr2 K K
Ap dung bat dang thirc Cauchy cho bd ba s6 duong ror.,

S, :2nr2+K+K23g}2m2.K.K=332an, (*)

Ta co rer rr .

Truong hop 2: Hop stta hinh hp chit nhat.

Thé tich khong d6i

V=abh=h _r S, =2ab+2(a+b)h :2ab+2a.£+2b£: (ab+ v + Vj

ab 7 ab ab a b

r 14 2 r ab K K

Ap dung bat dang thuc Cauchy cho bd ba s6 duong a’'b

S, >233/abKK—6 v, (**)
Ta co b .

r r *
So sanh hai két qua ta thay ( ) nho hon.
A3/ 2
Vay dién tich toan phan cta hop sita bé nhat 1a: S =32z
[2H2-3] Mot cde nude co dang hinh tru chiéu cao 1a 15 cm, dLr(‘mg kinh day 1a © cm, luong

nudce ban dau trong coc cao 10 cm. Tha vao coc nude 5 vién bi hinh cau c6 cing dudng kinh 1a



2 ¢m. Hoi sau khi tha 5 vién bi, myuc nude trong cde cach miéng bao nhiéu cm? (Két qua lam
trong sau ddu phay 2 chit sd).
A. B8, B. %25 ¢m. c. %26 ¢ D. 352 ¢m.
Loi gidi.
Chen C.

r=3 V. =nr’h=r.153"=135x

> Thé tich coc nude la:

V. =1.10.3* +5§n.13 _20m

Thé tich sau khi tha 5 vién bi:

Goi h la khoang céach tir muc nudc tong coc dén miéng coc.

17 g =12 <4 260m

w.3%h =
y 3 27

[2H2-3] Mot bon hinh tru dang chtra dau, duoc dit nim ngang, c6 chiéu dai bdn 1a 5 m, ¢6 ban
kinh day 1a | m, voi nap bon dat trén mat nam ngang ciia mit try. Nguoi ta da rat dau trong bon

0,5

tuong Ung voi m cua dudng kinh day. Tinh thé tich gn dung cua khdi dau con lai trong bdn

(theo donvi ™).

0,5m

QO5mi

A, 12,637 m* B. 11,923 m* c. 11,781 m* p. 8307 m’

Loi gidi.




Cau 4.

OH:CH:O,SZEZ%:AOHB .
Nhan xét 2 la tam giac nura déu

— HoB=60°=YoB=120°
=—7
Suy ra dién tich hinh quat O48 13 3
OB*\3
Snion = 28anop = Sapoc = 4 = 4

&

Mat khac

n
Vay dién tich hinh vién phan cung 458 1a 3 4

= [
Suy ra thé tich dau dugce rat ra 1a:
Thé tich ban dau: ¥ =571 =57.

, _ _ _ 3
Vay thé tich con lai la: V,=V-¥=12,637m .

[2H2-3] Tir miéng ton hinh vudng canh bang 4dm  nguoi ta cit ra hinh quat tim O ban kinh
OA=4dm ( xem hinh) dé cudn lai thanh mét chiéc phéu hinh nén (khi d6 O4 trung véi OB).

Chiéu cao cua chiéc phéu c6 s6 do gan dung (Iam tron dén 3 chir s6 thap phan) 1a

.ﬂ'
4 dm
L o
A 4 dm 0
A. 3,872 dm _ B. 3,874 dm ' C. 3,871 dm . D. 3,873 dm .

Loi giai.

Chon D.



n
. —4=2n
Ta c6 cung 4B ¢o d6 dai bang 2

Dua vao dé bai ta théy c6 thé tao thanh hinh non dinh O, duong sinh 04

Dé cuodn lai thanh mot chiée phéu hinh nén (khi d6 O4 trung véi OB ) thi chi vidduowfng tron
day bang do dai cung 4B bang 27 . Khi d6 ban kinh day la C=27R =27 = R=1

Xét tam gidc Ol4 vuéng tai I co OA=4dm IA=R=1dm

h=0I trongdo OI' =04 ~I4' =4 -1 =15= 0l = V15 ~3,873 dm
Vay h=3,873 dm

[2H2-3] Mot khic gd co dang hinh khdi nén cé ban kinh day bang » =27  chiéu cao /= 6m.
Bac tho moc ché tac khic gb d6 co dang hinh khéi tru nhu hinh v&. Goi ¥ 1a thé tich 16n nhét
ctia khtic gb hinh tri sau khi ché tac. Tinh V.




Cau 6.

Loi giai.
Chon A.

o o

O B A

Gia sit khéi tru c6 ban kinh déy va dudng cao 1an lugt1a 7> .
(0<x<2;0<h <6)

W _27% oy —6-3x
Taco: 0 .
_ 2771 2 (g _ 2 3
Thé tich khéi tru: V=nx"h'=nx (6 3x) 6rx” —3mx .
x=0
=>V'(x)=122x-97x = V'(x)=0< 4
X=—
3
Khi d6 ta c6 thé suy ra dugc véi 3 thi ¥ dat gia tri 16n nhat bang 9

[2H2-3] Hinh bén cho ta hinh anh ctia mot ddng hd cat voi cac kich thudc kém theo OA4 =

Khi 6 ti s6 téng thé tich cia hai hinh non ('+) va thé tich hinh try (/1) bing
1 2 1 1
A. 4. B. 5. C. 2. D. 3.
Loi gii.
Chon D.

OB



Cau 7.

Cau 8.

|h>.
>

. ’
. ’
. ’
“ s
R
’
2R 0 h
Y
FAREN
s ~
r LY
# 5
# 5
R N
P T,

=
Ii

Thé tich cia mdi khdi nén 1a 32 6

Téng thé tich cua hai khdi non 1a ’ 6 3

Thé tich cta khéi try la V =7R’h
vl

n

vy V3.
[2H2-3] Can xé mot khuc gd hinh truc so dudng kinh d=40cm y; chidudai #=3 ™ thanh
mot cai xa hinh chir nhat c6 cung chiéu dai. Lugng go b di toi thicu xap xi la:
A L4m g, 0,014 m" c. 0.14m p. 0.4m"
Loi giai.

Chon C.

Lugng gb bo di ti thiéu < thé tich xa 16n nhat.

< dién tich d4y cua cai xa 16n nhat.

< day 1a hinh vudng noi tiép duong tron day.

Hinh vuong nay c6 duong chéo bang duong kinh duong tron day.

0,4 1,
V. Zﬂth:ﬂ( 3 j 358, :5(0,4) .

ru

vV, =S h—l(o,4)2.3~V -V, -V

hh't T >" gobo di tru hh
2 g

[2H2-3] Nguoi ta thiét ké mot thung chta hinh try ( nhu hinh v&) c6 thé tich ¥ nhét dinh. Biét

~ 0,14 n’

ring gia cuia vat lidu lam mit ddy va nap cua thung biang nhau va dat gap 3 1an so véi gia vat
ligu dé lam mat xung quanh ctia thung



Cau 9.

ﬁ:z ﬁ:?,\/z ﬁ:\/i 226
r . B. 7 . C.r . r .

Loi gidi.

| AT
b

h

Khong mét tinh tong quat, gia sir thé tich ctia hinh tru 1a V' =1 va gia cho mdi don vi dién tich

bang | .
1 h 1
Theo bai ta c6 nr ronr
Di¢n tich xung quanh ctia hinh tru la nr
_ 2
Dién tich mat day 1a 52 =7
i f:%.1+3.1.2ﬂr2:l+l+67rr223\3/127r
Suy ra gia vat liéu d€ 1am hinh try 1a r r.r .
1 1 1 1
—=6nr &1 =—:>ﬁ=—3=—=6
r 6br r mr 1
Dau bang xday ra khi va chi khi 67

[2H2-3] Hoc sinh 4 sir dung 1 x6 dung nudc c6 hinh dang va kich thuéc giéng nhu hinh vé,
trong d6 d4y x6 14 hinh tron ¢6 ban kinh 29 €™ migng x6 13 dudng tron ban kinh 30 €™
chidu cao x6 1a 80¢™  M3i thang 4 dung hét 10 x5 nude. Hoi 4 phai tra bao nhiéu tién

. . . . . .
nuée mbi thang, bidt gia nudc 1a 20000 @dng /17 (5§ tidn dugc 1am tron dén don vi ddng)?



o |

A. 35279 dong. B. 38905 dong. C. 42116 gong. D. 31835 dong.
Loi gisi.

A

Ta xét hinh nén dinh 4, duong cao h >80 cm , dat 1a duong tron tim O | ban kinh bang
30 em it phing () cich mat day 80 € cht hinh nén theo giao tuyén la dudng tron tam

O' ¢6 ban kinh bang 20 €™ Mit phing (@) chia hinh nén thanh 2 phéan. Phan / 13 phan
chira dinh 4 | phan /I 13 phan khong chtra dinh 4 ( nhu hinh v&).

OB’ _ AO' - AO'
Tacs OC A0 A0 +00

:§<:>AO':160 cm

i V= lAO.71.302 =720007 cm’
Thé tich hinh nén

v, = %.AO’.n.202 _ 64000

Thé tich phan 7 1a



Cau 10.

Cau 11.

| - =y 1 =220 e = 2 ()
Vay thé tich cai x0 1a thé tich phan I 1la: 3 375

o 7 =227 1020000 ~31835 ‘
Viy sb tién phai tra 1a 375 dong.

[2H2-4] M6t cong ty du kién chi 1 ti ddng dé san xudt cac thung dung son hinh tru c¢6 dung tich
5 lit. Biét rang chi phi dé lam mat xung quanh cua thing d6 1a 100.000 ¢ /m’ , chi phi dé lam

mit day 1a 120.000 ¢ /m’  Hay tinh sé thing son tdi da ma cong ty d6 sin xuit duoc. ( gia st
chi phi cho cac mdi nbi 1a khong dang keé).

A. 57582 thung. B. 58135 thung. C. 18209 thung. D. 12525 thung.
Loi giai.

Chon B.

Goi chiéu cao hinh tru 1a h (h > 0) (m) .

Bén kinh d4y hinh tru 12 * (x>0) (m)

. ) V=7rx2h=i:>h=;2 (m)
Thé tich khéi tru la: 1000 10007.x :
g = 27Xh = 1
Dién tich xung quanh la: 100x |
_ 2
Dién tich hai day la: S¢ = 27% |
o X)= 1000 +2400007 x* (x S 0)

S tién can lam mat thung son la: X

1000 1

"(x)=- +4800007rx = f'(x)=0<= x=
Ta c6: ) X’ ) 4807
Bang bién thién:
1

X 10 +00
/4807

\ /y, - 0 -
~17201,05 +o0

9
o ‘ 7 . 107 58135
Vay v6i s tién | ty dong thi cong ty co thé san xudt tdi da 1a: 17201.05 thiing.

[2H2-3] Phan khong gian bén trong ctia chai nude ngot ¢6 dang nhu hinh bén. Biét ban kinh day

bing R=5 M ban kinh cb r=2cm,AB=3 cm BC:6cm’ CD =16 cm . Thé tich phan

khong gian bén trong cua chai nudc ngot d6 bang:



4957r(cm3) B 4621 (cm3) 4907 (cm3) 4127r(cm3)

A D
Loi gidi.

C F

, . =n1R*CD =4 3
Thé tich khoi try c6 dudong cao €D N=nk.C 007r(cm)’

. . V,=nr*.AB=12 :
Thé tich khi tru c6 duong cao 4B: "2~ " n(cm )
MC_CF_5 . vB=4

Tacs MB BE 2
y -

Thé tich phin gi6i han gita BC: =~ 3

V=V, +V,+V,=490r (cm’)

(R°MC-r*MB) =787 (cm’)
Thé tich khong gian bén trong la:
Céu 12. [2H2-3] Cho hinh tri c6 chiéu cao bang 4 ndi tiép trong hinh cau ban kinh bang 3 . Tinh thé

tich khdi try nay

A. 407 B. 207 c. 3 . D. 367



Cau 13.

Goi R, lan luot 1a ban kinh cta hinh cu va ban kinh duong tron ddy cta hinh try. Goi 7 1a
chiéu cao cta hinh try.

2
= /RZ—[ﬁ] =3"-2> =45
Theo bai ta ¢c6 2 .

Suy ra thé tich cia khéi tru1a V =77 h=m.54=20m

[2H2-3] Cho hinh tri ¢6 duong cao =3 €™ ban kinh day ” =3 ¢ . Xét mit phing (P) song

song v&i truc cua hinh try, cach tru 2cm . Tinh dién tich S cua thiét dién cta hinh tru v&i mat

phing (P) .

A'S:S\/gcmz_ B.S:6x/§cm2‘ C'S:3\/§cm2_ D.Szlox/gcmz'
Loi giai.

Chon D.
A




Cau 14.

Cau 15.

Gia sir mat phang (P) ct hinh try theo thiét dién 1a hinh chir nhat 4BB’A" nhy hinh v&.
Goi OH L AB i H khido OH=2cm

Trong d6 AOHA 5 HA=NOA*-OH* =I5

Khi dé AB=2HA=2\/§.

Dién tich cta thiét dién tao bs&i hinh tru  voi  mat phéng (P) la:
S g = AB.AA =25.5=10/5 (cm’)

[2H2-3] Cho mat cau (S) ban kinh R . M6t hinh tru c6 chiéu cao # va ban kinh day 7 thay
d6i ndi tiép mat cau. Tinh chiéu cao h theo ban kinh R sao cho dién tich xung quanh hinh try 1a
16n nhét.

R~2
B2

D. 2

=2
2

A h=R2 B. =R C.

2
00 =hi A= R, AO=r—r* = R* -1
Ta co 4

2 2 g2
S=2nrh=nhaRE 12 <o TN
Dién tich xung quanh cua hinh tru la 2 .

2 2
, ab <2 +b
(Ap dung BBT 2,
S =27rR*< W =4R*—h’ < h=R2

Vay
[2H2-3] Cho mot hinh tru (7) ¢6 chiéu cao va ban kinh déu bang 3 . Mot hinh vuéng 4BCD
c6 hai canh 4B CD 13n luot 1a hai day cung ciia hai duong tron day. Canh 40> BC khong

phai la duong sinh cta hinh tru (T) . Tinh canh cua hinh vuéng nay?



A. 3. B. 3V5 C. 6. D. 2 .
Loi giai

Chon D.

Goi canh hinh vuoéng 1a ¢ .

Goi 4 13 hinh chiéu vuéng goc cuia 4 1én mit phang chira PC | khi d6 A4, LCD .

Laico CD L AD nen suy ra CD L (AAID) =CD 1 AD -

vay € 13 dwong kinh,

2 _ 2 2 _ 2

36:A1D2+a2 =a’-9+d’ :a:ﬂ

4.DC vuong tai D co: 2

Xét tam gidc .
Céu 16. [2H2-3] Cho hinh ling tru tam giac déu ABC.A'B'C’ ¢4 @6 dai canh day bang @ va chiéu cao
bang # . Tinh thé tich ¥ cua khéi try ngoai tiép lang tru da cho.
na’h _mad’h

V= 1% , ,
A. 9 . B. 3. C. V=3ra'h D. V=nah

Loi giai.

Chon B.

Khéi tru ngoai tiép tam gidc déu c6 hinh tron day 1 hinh tron ngoai tiép tam giac day cua ling
tru va chiéu cao bang chiéu cao ling tru.

Va

Tam gic déu canh @ c6 ban kinh dudng tron ngoai tiép bang 3



Cau 17.

2
2
V=hS=hn[—‘E“] _mah

X . , . PR 3
Vay thé tich cua khoi tru can tim la

[2H2-3] Cho hai hinh vudng c6 cing canh bang 5 duoc xép chong 1én nhau sao cho dinh X
ciia mot hinh vudng 13 tim ctia hinh vudng con lai. Tinh thé tich ¥ cua vat thé tron xoay khi

quay md hinh trén xung quanh truc XY .

125(1+\/§)7r 125(5+2ﬁ)n
|/ S V=
A. 6 . B. 12 .
125(5+4J§)n 125(2+J5)n
V= V=—x J
C. 24 . D. 4
Loi giai.
Chon C.
Céach 1
Khéi tron xoay gdm 3 phan:
5

Phan 1: Khi tru c6 chidu cao bang 5, ban kinh day bang 2 c¢6 thé tich

2
v ”(2) 5=12571
2 4

52

Phan 2: Khdi nén co6 chidu cao va ban kinh diy bing 2 c6 thé tich

1 [5@}2{5\/5]2 12572

V=37
3 2 2 12

Khéi 3: Khéi non cut c6 thé tich la:

V15@51)Fﬁj FI s s) 125(22-1)x
3=37 )t =

3 2 2 2 2 24

Vay thé tich khéi tron xoay 1a:



12571 12571.\/5 125(2\/5-1)7‘[ 125(5+4\/§)ﬂ'
+ + =
12 24 24

V=V+V,+V, =

Cach 2.

Thé tich cua khdi tru duoc tao thanh tir hinh vuong ABCD 13
1257

V,=nR’h=

Thé tich khdi ton xoay duoc tao thanh tir hinh vuéng XEYF 1a

VZN = Eﬂth = 1257T\/5

3 6
Thé tich khdi tron xoay dugc tao thanh tir tam giac XPC 1a
v, :lnR2h _ 1257

3 24

1257 (5+442)
2 ) V=V +Vyy=Vy =

Thé tich can tim la 24

Céu 18. [2H2-3] Cit hinh nén dinh S béi mat phang di qua truc ta duoc mot tam gidc vudng cin cd

canh huyén bing a2 Goi BC 1a day cung ciia duong tron day hinh nén sao cho mit phiang

(SBC) tao voi mat phang day mot goc 60° . Tinh dién tich tam giac SBC
2 2 2 2
o3 5o N2 s=Z o2
A. 3. B. 3. C. 3. D. 2

Loi giai.

Chon B.



a2

= OB =

Goi ! 1atrung diém BC | ASBC cantai S = SI L BC

=S80

Goc tao boi (SBC) va day chinh la 810 = 60°

sin 808 = 39 _ sin60° = 57 = L6
ST 3

BC =2BI =2/SB*-SI* = 2\?61
1 2

= Sispe = SIBC ="

Céau 19. [2H2-3] Cho tam gidac 4BC déu canh @ va noi tiép trong dudng tron tam O, 4D 1a dudng
kinh cia duong tron tim O . Thé tich ctia khoi tron xoay sinh ra khi cho phan t6 ¢am (hinh v&

bén) quay quanh dudng thang 4D bang

A
B C
D
237ra3\/§ 7ra3\/§ 207ra3\/§ 47ra3\/§
A, 126 B. 24 | c. 27 D. 27



Cau 20.

Cau 21.

Chon A.
Khi quay tam giac 4BC quanh truc 4D dugc khéi non co thé tich 1a:

1 a\/_ asﬂ\/g

V=—nr‘h= l7rHC2 AH—— —
3 3 2 24

3 \2

4 . 4 ~ [a\/—] 43nd’
3

V=—nR =—n40’ =
3 3 27

oy o 23nd’
Thé tich khdi tron xoay can tim: 216
[2H2-3] Xet mot hop bong ban cé dang hinh chir nhat Biét rang hop chira vira khsit ba qua bong
ban duogc xép theo chidu doc, cic qua bong ban c6 kich thudc nhu nhau. Phan khong gian con
tréng trong hop chiém
A, 605,09% B. 47.64% c. 82,55% p. 83.3%

Loi giai.

Chon B.

Goi duong kinh qua béng ban 1a @ . Khi d6 kich thudc cita hinh hop chit nhat1a 4> 9> 39

) _ A3
Thé tich ciia hinh hop chit nhat 1a *1 =44-3d =3d"

3 3
V2=3.inr3=4ﬂd =7rd

Thé tich ctia ba qua bong ban 1a 3 8 2

Phan khong gian con trong trong hop chiém: 4

[2H2-3] Mt qua bong ban va mot chiéc chén hinh tru c6 cting chiéu cao. Nguoi ta dat qua bong
3

1én chiéc chén thay phan ngoai cta qua bong c6 chiéu cao bang 4 chiéu cao cua né. Goi

1an luot 1a thé tich cua qua bong va chiée chén, khi do:

o, =8V, 3V, =2V, 16V, =9V,

e

27V, =8,

A. B. C. D.

Loi giai.

Chon A.



- I \ ’ ’ 5 r T \ ’ r <A r \ [N <K r
Goi '' 1a ban kinh qua béng, "2 1a ban kinh chiéc chén, 7 1a chiéu cao chiéc chén.

, h=2r=r=t  oo=i-t
Theo gia thiét ta co 2 va 2 4,
ROREE
]/'2 =| — —| — R —
Ta co 2 4 16
3 3
v e e[ )
Thé tich ciia qua bong 1a 3 3 \2 6
V2=Bh=7rr22h=i7rh3:>5=§
Thé tich cua chén nudc 1a 16 £ 9.

Céau 22. [2H2-3] Nguditabd 5 qua bong ban cung kich thude vao mot chiée hop hinh tru c6 day 1 hinh

tron ¢ ban kinh bang ban kinh cta qua bong ban va chiéu cao bang 5 lan dudng kinh cta qua

bon ban. Goi 5 1a tong dién tich ciia 5 qua bong ban, 5, la dién tich xung quanh cua hinh try.
Sl

Tisé 52 la:

W | N
N | W

A. 2. B. C. 1. D.

Loi giai
Chon C.

Goi bén kinh cia qui bong ban 1a & (R>0)



Ta c6 chiéu cao 7 cua hinh try bang 5 1in duong kinh ctia qua bong ban. #=5.2R=10R
_ 2 2
Khi do: S, =54nR" =207 R .

S, =27 Rh =27 R10R =207 R’

s

vay %
Céu 23. [2H2-3] Cho hinh chép S-ABCD ¢4 day 1a hinh chit nhat, 4B=2a BC=a  hinh chiéu cua

a3
(4BCD) y H = . s .y
S 1én 1a trung diém H cua 4D | 2 Dién tich mat ciu ngoai tiép hinh
chop S-ABCD bing bao nhiéu?
l6ra’ l67a’ dra® 2na’
A 3 B. 9 . c. 3 . D. 3
Loi gisi.
Chon A.

Goi I' 1a tam dudng tron ngoai tiép ASAD
O 1a tam duong tron ngoai tiep ABCD
I 1a tam mat cau ngoai tiép hinh chop S-4BCD

Ta 6 SD=SA=~SH>+ AH?> =a — ASAD du.

:I%zgﬁazﬁa
32 3
= R= =T +1T =T£ +HO* =22
3

§—ang =107

Vay



CAu 24. [2H2-3] Cho hinh chit nhat ABCD ¢y AB=2a BC=3a Goi M , N [a cac diém trén ca
canh 4D | BC gsao cho MA=2MD  NB=2NC Khi quay quanh 4B , cac dudng gip khuc

Sl
AMNB = ADCB sinh ra cac hinh tru c6 dién tich toan phﬁn lan luot 1a S , 5, . Tinh ti sb 5, .
5 _12 S_2 sS4 5.8
A S 2L B. %2 3. c. % 9. p. 52 15
Loi giai.
Chon D.

Hinh tru c6 dién tich toan phén S , duong sinh MN =2a v3 ban kinh duong tron day la
AM =2a

\ — 2 _ 2
Dién tich toan phén S, =2n.AM .MN +2r AM~ =16ma _
Hinh tru c¢6 dién tich toan phan 5, duong sinh PC=2a v3 ban kinh duong tron day la
AD =3a

. _ 2 2
Dién tich toan phin S, =2nAD.DC+2n AD” =30ma .

S, l6ma® 8

Vay S, 30rad’ 5




