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( Uéc mor chi thanh hién thuc khi ban né luec hanh ddng,
Hédy hanh dong vi wéc mo’ctia ban ! )

BAI 18. VEC TO TRONG KHONG GIAN

1. Dinh nghia
- Binh nghta, tinh chat, cac phép toan vé vecto trong khéng gian duoc
xay dwng hoan toan twong tw nhw trong mat phang.

Cau1l: a) Cho badiém phan biét M:N.P- viét ki hiéu vecto khac vecto khéng
c6 diém dau va diém cudi 1a cac diém MNP d3 cho.
b) Cho t& dién ABCD. Tt cac dinh clia t& dién d3 cho hay viét cac véc

to khac vécto 0 v&idiém daula A

B C
Cau2: K& tén cac vecto cé diém dau va diém cubi 1a cac ) ;
! D
dinh cUa hinh 1ap phwong 4BCD.A'B'C'D' (nhw :
o - S )
hinh vé) va bang vecto 4D B c
A’ D'
Cau3: Tinh d6 dai cac véc to 4B ; CD vi A B
>
MN & hinh 39. Biét do dai canh 6
N <«
vudng la 1cm. D

Hinh 39



2. Cac qui tac & cac hé thirc

AN AW JAVAV/A'A]

+ Qui tac ba diém: Cho ba diém A, B, C bat ky, ta c6: 4B+BC=AC

+ Qui tac hinh binh hanh: Cho hinh binh hanh ABCD, ta c6:

[AVAY\) [AVAVA'AY

AB+ AD = AC

+ Qui tac hinh hdp: Cho hinh hdp ABCD. A'B'C'D’, ta cd:

JAVAA [AVAVA'S}

AB+AD+AA' AC'

+ Hé thirc trung diém doan thang: Cho | 13 trung diém cla doan
thang AB, O tuy y.

(A (A0 (A} JAVAS

1hw;M+B:O(M+M?2m

+ Hé thirc trong tdm tam giac: Cho G la trong tdm cla tam giac ABC, O
tuy y. Ta cé:

AAAY AN AVAVEN A JAVAV/N) JAVAV} AVAVEN JAVAVARY

GA+GB+GC=0; 0OA+0OB+0C=30G

+ Hé thirc trong tdm tr dién: Cho G la trong tdm cUa tlr dién ABCD, O
tuy y. Ta co:

JAVAVA WAVEN [AVAVA'AY (A} VAV AVEN [AVAVA'A [AVAVATAY

GM+GB+GC+GD 0; OA+OB+OC+OD 40G

. N [N w . w_ X
+ Diéu kién hai vecto’ cung phwong: @ va ba#0)=3keR:b=ka

Cau4: Cho bbn diém bat ki: A, B, C, D Chng minh: 4B—AD+CD~CB=0
Cau5: Chondm diém A, B, C, D, E. Chirng minh rang:

[AVAVS [AVA\] [AVAVE'\) [AVAVA'AY [AVAVE V) [AVAVZ'\) [AVAV!A)

a). AB+CD+EA=CB+ED p), AC+CD—EC=AE-DB+CB |



Cau 6: a) Chép S.ABCD c6 day 1a hinh binh hanh tdm O. Chirng minh rang:

[AVA'AY JAVAVAY [AVAVA [AVAVA) VAV AAAN

SA+SB+SC+ 8D =48

b) Cho t&r dién ABCD cé M, N la cac trung diém AB va CD. Chirng minh

[AVAVAVA\)

réng: %4—% =2MN

AN (AT AN
\ PN DAY , AB+B'C'+ DD’
c) Cho hinh l1ap phuwong 4BCD.A'B'C'D" canh a. Tinh .

3. Tich vé hwéng cuia hai vecto
- Goc gitra hai vecto’ trong khong gian:

AN AAIAN N

AB =11, AC = = (.v) = BaC (0° < BAC <180°)

- Tich vd hwéng clia hai vecto’ trong khdng gian:

K
1%

[y

W AW W W N W
+ Cho %V*Y  Khido: uy =lul.Iv].cos(u,v)

n

W o K oo
+ V@i 4=0hoacv=0 qujwec; uv=0
+ulveuv=0

Cau7: Cho tam gidc déu 4BC canh ava cé dwdng cao 4H.

ot ese g (1BC) | (385 (45.65)

’ ’

WAIN - WV AVBN CLWWWN VA

b) Tinh cac tich vd hwéng 4B.BC; AH.BA

Cau 8: Cho hinh I&p phwong ABCD canh a. Hay tinh

VAVAVAN /I AN VAN VNI AVNZON JAVAVA' N AVAAY )

a) ABCC' b) AB.A'C’ ¢) ABB'D' d) ACA'B .

(4 N

(A}

Cau9: Cho hai vecto @ va b thda min diéu kién a4

=1
va ab=3. Tinh

A A
3a+5b

do dai

A, SV5. B. V24. C.s. D. 124.



FoFoo s ciing tac ddng vao mot vat 6

Cau 10: ( Bai toan hop lwc ). Ba luc

phuong déi mdt vudng goc va cé do 1on 1an lwot 13 10NISNEN

Tinh d0 I&n hop lwe cla ba lwe d3 cho ( két quad 1am tron dén mot
chir s6 thap phan).

BAI TAP VE NHA.

Caul: Cho hinh hdp ABCD.EFGH . Két qud qud phép todn

JAVAV] [AVAVA'A}

AB-EH |3:

BD_ F G
AE
DB

o 0 = »

BH

Cau2: Cho hinh lap phwong ABCD.A'B'C'D'  Khang

dinh nao dw&i day la dang?
A. AD=AB .

[AVAVA'Y] [AVAY

B. AD=AC |

VW WYN [AVAVN)

C. AD=BD

[AVAVA'R} [AVAVAVA'AY}

D. AD=B'C"

Cau3: Cho hinh lang tru 4BC.AB'C' ¢4 hai ddy la cac

tam gidc déu nhw hinh bén. Gdc gilra hai vecto

JAVAVZ V) [AVAVAVA'AY}

BC va A'C' pbang

A. 150°

B. 120° .
C. 60°,

D. 30°,



Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

[AVAV) S TAVAVA 'R}

Cho t&r dién déu 4BCD b canh bang @ . Tich v hwéng A4B-AC

bang

2

A a B. —a c.2 . D. 2
PHAN I11. DUNG SAI.

Cho hinh hdp chit nhat 4BCD.A'B'C'D"  Khi dé:

[AVAAVN AW AN

a) AD=BC"

[AVAV:\) [AVA 7} JAVAAY]

b) AB+BC+CD=DA

[AVAVA'RY [AVAVAY ) [AVAVAVA' A [AVAVA"AY

) CA=CB'+CD' +A'4
d) Géc gitba hai vecto 4D va A'B' bang 45°.
Cho hinh chép t& gidc déu S-ABCD ¢4 dd dai tat ca cac canh déu

bang @ .Pay 4BCD ¢ tam la O . Khi do:

[AVAVA) LW AN [AVAVA'R [AVAVA'R) JAVAV/A}

a) OA+0B+0C+0D =450

oy $i450 55455

AN INANAN

0 (SA,AC)=45° |

[AV/A"A I TAVAY/A'A

d) SA-AC=-a"

PHAN 11I. TRA LO'I NGAN.

N 4 N A ;

4 lal=3lb|=5 | (a,b)=60" _, . , u=s
Cho hai vecto %0 ¢6 |a| ‘ va (a ) . Tich vé hwéng a-b
bang bao nhiéu?.
Traldi: o

a i=3b|=5 a+b|=7 a—b

, =250|= \ +0|= , - 3

Cho hai vecto %0 ¢6 ’a ‘ va |a ’ . Tinh I bang bao

nhiéu?.



Cau 9:

Traldi: oo,
MOt chiéc dén tron dwoc treo song song v&i mat phang nam ngang

b&i ba soi day khéng din xuat phat tlr diém O trén tran nha va lan

lwot budc vao ba diém 4,B,C tran den tron sao cho cac e cang

VWA AN A

BBy Fs 130 lwot trén mbi day 04,0B,0C g5 mot vuodng goc voi

(A

=|F.

2

(AU

=|F,

1Ny
12 3

=15 - > X
nhau va (N) (nhw hinh v&€). Trong Iwgng cua chiéc

dén tron d6 1 bao nhiéu Newton (1am tron két qua dén hang don vi)?

Ddpso: ................



